Let G 1 be a planar graph such that all cycles of length at most 4 are independent and let G 2 be a planar graph without 3-cycles and adjacent 4-cycles. It is proved that the set of vertices of G 1 and G 2 can be equitably partitioned into t subsets for every t ≥ 3 so that each subset induces a forest. These results partially confirm a conjecture of Wu, Zhang and Li [5] .
As we know, there are many variations of vertex arboricity of graphs, such as linear vertex arboricity [4] , fractional vertex arboricity [6] , fractional linear vertex arboricity [8] and tree arboricity [2] . Naturally, we can also consider the equitable version of vertex arboricity when we restrict the partition in its original definition to be an equitable one, that is, a partition so that the size of each subset is either ⌈|G|/k⌉ or ⌊|G|/k⌋. If the set of vertices of a graph G can be equitably partitioned into k subsets such that each subset of vertices induce a forest of G, then we call that G admits an equitable k-tree-coloring. The minimum integer k such that G has an equitable k-tree-coloring is the equitable vertex arboricity a eq (G) of G. The notion of equitable vertex arboricity was first introduced by Wu, Zhang and Li [5] . In their paper, the authors proved that the complete bipartite graph K n,n has an equitable k-tree-coloring for every k ≥ 2⌊( √ 8n + 9 − 1)/4⌋ and showed that the bound is sharp when 2n = t(t + 3) and t is odd.
Note that K n,n admits an equitable 2-tree-coloring. Hence a graph admitting an equitable k-treecoloring may has no equitable (k + 1)-tree-colorings. This motivates us to introduce another chromatic parameter. The strong equitable vertex arboricity of G, denoted by a * eq (G), is the smallest t such that G has an equitable t ′ -tree-coloring for every t ′ ≥ t. It is easy to see that a * eq (G) ≥ a eq (G). Concerning a * eq (G), there are two interesting conjectures.
Conjecture 1. a * eq (G) ≤ ⌈ ∆(G)+1 2
⌉ for every graph G.
Conjecture 2.
There is a constant ζ such that a * eq (G) ≤ ζ for every planar graph G.
Until now, Conjecture 1 was confirmed for complete bipartite graphs, planar graphs with girth at least 6, planar graphs with maximum degree at least 4 and girth 5, outerplanar graphs [5] and graphs G with ∆(G) ≥ |G|/2 [7] , and Conjecture 2 was settled for planar graphs with girth at least 5 and outerplanar graphs [5] . In particular, Wu, Zhang and Li [5] proved that a * eq (G) ≤ 3 for every planar graph with girth at least 5. In this paper, we will generalize this result to Theorems 5 and 6, and confirm Conjecture 2 for planar graphs with all cycles of length at most 4 being independent and planar graphs without 3-cycles and adjacent 4-cycles.
Proof. Suppose, to the contrary, that δ(G) ≥ 4. By Euler's formula, we have x∈V(G)∪F (G) 
and define a discharging rule as follows.
Rule. Every 5
+ -face transfer 1 3 to each of its adjacent 3-faces.
Let c ′ be the final charge function after discharging according to the rule. Since every 3-face is adjacent only to 5 + -faces by the definition of G, c
On the other hand, every 5
⌋ 3-faces, which implies that 
Proposition 5. Every 7-vertex is adjacent to at most one 2-vertex.
Proof. If there is a 7-vertex u that is adjacent to two 2-vertices v and w, then label v, w and u by x 1 , x t−1 and x t , respectively. By the similar arguments asin the proof of Proposition 1, we can construct the set S = {x 1 , . . . , x t } as in Lemma 3. Therefore, G − S has an equitable t-tree-coloring by the minimality of G, which implies that G also has such a desired coloring for every t ≥ 3 by Lemma 3.
Proposition 6. Every 8-vertex and every 9-vertex is adjacent to at most four 2-vertices. Therefore, G − S has an equitable t-tree-coloring by the minimality of G, which implies that G also has such a desired coloring for every t ≥ 4 by Lemma 3.
Proof. Let u be a k-vertex
We now prove that G has an equitable 3-tree-coloring. By the minimality of G, the graph and v 5 with 2. One can check that the resulted coloring of G is just an equitable 3-tree-coloring.
We now assume that all of the three colors appear on We now prove the theorem by discharging. Let c ′ be the final charge after discharging. We now prove that c
If f is a 3-face that is incident with a 2-vertex, then by Proposition 1, f is incident with two is incident with no 3-faces because otherwise there would be two adjacent 2-vertices in G, a contradiction. Therefore, by R1 and R5, we have c 
> 0 by R1, R2 and R5, and in the latter case we have c Proof. Let G be the minimal counterexample to this result and let t ≥ 3 be an integer. Since every planar graph with girth at least 4 contains a 3 − -vertex, Propositions 1-7 still hold here.
Therefore, the order of the following propositions we are to prove are naturally labeled from 8.
Proposition 8. Every 11-vertex is adjacent to at most seven 2-vertices.
Proof. Let u be a 11-vertex and let v 1 , . . . , v 11 be its neighbors in G. 4 and u with x 1 , x t−3 , x t−2 , x t−1 and x t , respectively, and construct the set S = {x 1 , . . . , x t } as in Lemma 3 by the similar arguments as in the proof of Proposition 1. Therefore, G − S has an equitable t-tree-coloring by the minimality of G, which implies that G also has such a desired coloring for every t ≥ 5 by Lemma 3.
We now prove that G has an equitable 4-tree-coloring. Let At last, we show that G also admits an equitable 3-tree-coloring. By the minimality of G, We now prove the theorem by discharging. R1. Each 2-vertex receives 3 4 from each of its neighbors, and 1 2 from each of its incident 5 + -faces.
R2. Each 3-vertex receives 1 6 from each of its 5-neighbors or 6-neighbors, 1 4 from each of its 7 + -neighbors, and 
